In what follows U will be a locally convex algebra i.e., an algebra which is a locally convex space and where the multiplication is separately continuous. The topology on 21 is defined by a family of seminorms {p a }aej and the space is assumed to be quasi-complete, i.e., every Cauchy net is convergent. It is also supposed that the mappings Y-> YZ (resp. Z-+ YZ) are uniformly continuous when Z (resp. Y) belongs to a bounded set.
Denoting 5(31) the algebra of all continuous linear operators on Si, the topology on I?(2t) is defined by the family of seminorms for each L e 5(21), SB being the family of all bounded sets of 21.
When T, S e 21 and S is invertible, it is shown that the spectrum σ(M) of the operator
M{Y) = TYS-1
is contained in the set σ(T). tf^S" 1 ) (Proposition 2.4) hence, taking a complex-valued function /, analytic in a neighbourhood of the set σ(T)>σ(S~ι), we can construct the operator f(M) in each point of St, as well by means of the functional calculus of T, S and they are equal (Theorem 2.9). Since the logarithm of an element of 21 does not always exist, this case is more general than Rosenblum's results (see [3] and Proposition 3.1).
All the statements of this paper can be applied to linear operators on Banach spaces or on locally convex ones, with supplementary properties.
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F.-H. VASILESCU 1* Preliminaries* It is useful to recall some of the concepts and results contained in [1] and [4] .
On a locally convex algebra it is possible to define the spectrum σ(T) and the resolvent p(T) of an element Te% (these sets are considered in the complex compactified plane C^ = C{J{°°}) [4] .
We recall that C^sXe ρ(T) if there is a neighbourhood Vχ of X such that:
1° (μl -T)~ι e 2t for any μ e V λ Π C (here I is the identity of SI). 2° the set {(μl -Γ)" 1 ; μe V λ ΠC} is bounded in SI. In the following we shall write for μl simply μ. For each TeWi let us denote by %(T) the set of all analytic functions in a neighbourhood of σ(T) = §p(T). Then, if Γ is a contour (throughout we mean by "contour" a finite system of curves, admissible for the integral calculus) "surrounding" σ(T), contained in the domain of definition of fe^(T), we put, by definition
where the integral exists since the space is quasi-complete [1] , [4] . For such functions we have the "spectral mapping theorem", namely [4] .
Let us remark that if L e i?( §I), / e g(L) and Γ is a contour in the domain of / "surrounding" σ(L), then we may define the expression f(L)(Y), by using the natural extension of the formula given above for the elements of SI. Since §t is quasi-complete, the integrals do also exist. 
2*
Proof. By our assumption on the algebra Sϊ, it is easy to see that the product of two continuous functions is also a continuous function (since if U is a neighbourhood of zero in 2ί and B is a bounded set then there are two neighbourhoods of zero U ι and U 2 such that Uβa U and BU 2 
cU).
Since the mapping ξ-+F(X, ξ)YG(ξ) is continuous on Γ for each λe 7 0 lΊC and the algebra is quasi-complete, then the integral exists as an element of SI.
Obviously, it defines a linear operator on % denoted by R λ (Y 
λ -M(T, S))(-L( (^ -
by the well-known functional calculus for an element of 2t with the spectrum compact in C and 
(-M(T, S))~ι(Y) = -T-ΎS
and this finishes the proof. ; ί e Γ o } which are bounded in St. Indeed, Fo /T'c^T) and it is a compact set in C, therefore by reasoning with a finite covering, we obtain the boundedness of the family B x . A similar argument is valid for B 2 . If B e SB is arbitrary, then BJBB 2 is also a bounded set, therefore we have
where we kept the notations of the preceding proposition.
Consequently X o eρ(M(T, S)).

COROLLARY 1. If M = M(T, T) is an inner automorphism of the algebra St then σ(M)aσ(T) σ(T-1 )
. PROPOSITION Proof. The set CG is compact in CU, therefore we can apply Lemma 2.1 for any λ o eGG and, taking a finite covering of CG, we obtain the set G o . If Γ is a contour surrounding K F, we can choose
Let T, Sbein% with S" 1 e a, and M = M(T, S). If X Q £σ(M) σ(S) and V o is a closed neighbourhood of λ 0 such that V o Π σ(M) σ(S) = φ, then there is an open set G 0 Z)σ(S), G 0 $0 such that V,-G^(Zp{M). Moreover, if Γ o is a contour in G o which surrounds σ(S) and separates it from zero, we have (λ -T)(-U (λ -ξM)~ι(Y)(ξ -S)~ιdξ) = Y
which surrounds K and separates it from zero such that Γ Q F is "inside" Γ. 
By interchanging the order of integration, we obtain 2πι Jr
since, by Lemma 2.5, σ(fT) = fσ(T) is "inside" Γ for all ξ e Γ o In this manner we obtain
If (7(1) 3 oo we have σ(M) $ oo and a similar calculus leads to the same formula. No other case is possible because of Proposition 2.6, and this finishes our proof.
3. Some applications of the functional calculus* First of all, we shall show that, in a certain sense, the commutator of two elements 498 F.-H. VASILESCU [3] can be found again as a function of the operator M. PROPOSITION are two commuting spectral measures, Y being an arbitrary linear bounded operator; therefore the mapping (® x g)(σ x x σ 2 )(Y) = E(σdYF(σj induces a spectral measure on the space of the operators and it is possible to integrate with respect to it (see [2] for details). PROPOSITION 
